MAOHMA: MAOHMATIKA KOINOY KOPMOY (43)

AOMH EZETAZTIKOY AOKIMIOY KAI EZETAZTEA YAH

Aldpkela egétaong: Tpeig (3) wpeg

Aopn e&eTaoTIKOU BOKIYIOU Kal £TTIHEPOUG BaBuoAoyia:

To e€etaoTikd dokiulo atroTeAcital atmd duo pépn, To MEPOZ A" kai To MEPOZ B'.

To MEPOZ A" trepiAappavel 10 Béuata kai o MEPOZ B™ mrepiAaupavel 5 B€parta.

KdaBe Bépa Tou MEPOYZ A” BaBuoAoyeital pe 5 povadeg evwy kaBe B€ua Tou MEPOYZ B’
BaBuoAoyeital pe 10 povadeg.

O1 uttoywn@iol TTPETTEl va AUoouV Kal Ta 15 BépaTa.

Znueiwoelg: a) Emrtpémeral n xprion un TPOyPAapUaTI(OPMEVNG UTTOAOYIGTIKAG UNXAVAG.

B) @a xopnyeital TUTTOAGYIO MaBnuaTIKWwy.

Fevikég TTapaTnPROEIG:

1.

2.

Emeid) n @uon tou pabruarog eivar Tétold woTte KABe véa yvwon va otnpifetal o€
TTPONYOUHEVN YVWOTH UAN, TOVieTal OTI O UTTOWH@IOI OPEIAOUV VA yVwPEICOUV TIG BACIKEG
évvoleg, 1I016TNTEG KAl Paoikd Oewpriuata Twv  evotATwy Tou  dIddxenkav oOTIg
TTPONYOUUEVEG TAEEIG, OAAG Oev cupTrepIAauBavovTal oTnv €EeTaOTEQ UAN, yiati TTOAU
MOavov n AUon KATTOIWV OOKINOEWVY VA OTTAITE KAl YVWOEIG aTTO TIG EVOTNTEG AUTEG.
OT1r0U avagépeTal dIATUTTWON OPICHWY Kal BeEwpnPATWY, autd Ba dIaTUTTWVOVTAl OTTWG
cival ota oXoAIKa eyxeipidia £ékdoong 2019.

. E@appoyég Tou AlagopikoU Aoyiopou

1.

Opiopoi: Tvnoiwg alfouoa, Alfouoa, lvnoiwg @Bivouoca, PBivouca kal ZTabepn
ouvaptnon. Eeapuoyr otnv emmiAuon TpoBARuaToG.

Oewpnua Méyiotng - EAGxiIoTng TINNAG. EQapuoyn otnv etmiAucon TTpoBARuaToG.

Opiopoi OAIKWY akpPOTATWY (OAIKG HEYIOTO, OAIKO EAAXIOTO), TOTTIKWY AKPOTATWY (TOTTIKO
MEyIoTo, TOTTIKO eAGXI0TO). E@appuoyr otnv ettiAuon TTpoBAruaTOG.

Ocwpnua (KPITAPIO) povoToviag yia yvnoiwg alouoa, yvnoiwg @Bivouca Kal oTabepn
ouvapton. E@apuoyn otnv emmiAuon TpoBAAuaTog.

Oewpnua Tou Fermat . AlatOTTwaon, MNEWUETPIKA EPUNVEIQ KAl EQAPPOYr OTNV E€TTIAUCN
TTpoBAAuaTOG.

Oewpnua (KPITAPIO TNG TTPWTNG TTAPAYWYOU) EUPECNG TOTTIKWY AKPOTATWY. Epapuoyn Tou
oTnv emiAuon TTPoBAAUATOG.



7.

8.

9.

EUpeon Twyv TOTTIKWY OKPOTATWY, OAIKWV OKPOTATWY 0€¢ dIACTNUA Kal €Qapuoyl otnv
eTmiAuon TTPOoBANAMaATOGC.

Opiopoi: Kupth/koiAn ocuvdptnon, onueio KAUTMS ypagikng mapdoTtaong. Egapuoyn otnv
eTmiAuon TTPORANAMATOG.

Ocwpnua KUPTOTNTAG oUVAPTNONG Kal Bewpnua eUpeong onuEiwy KauTmG. EQapuoyr) Toug
oTnv €mmiAucn TTPOBAAUATOG.

10. MeA£TN TTOAUWVUUIKWY oUuvapTioEwV PéEXPI Kal 3% BaBuou Kal KATaoKEUN TNG YPAPIKAG

TOUG TTOPAOTACNG.

11. E@apuoyr Twyv BewpnudaTwy yia TN JovoTovia Kal Ta aKPOTATA OUVAPTNONG OTNV £TTIAUCT

TTPORANUATWY PE YEYIOTA Kal EAAXIOTA.

II. A6p1oTO OAOKARPWHA

1.
2.

3.

Opliopdg Tou adpIoTou OAOKANPWHOTOGS. EQapuoyr otnv eTTiAucn TTPoBARKATOG.

EUpeon Baoikwyv adpioTwyv OAOKANPWHATWY Kal EQapuoyr oTnv eTTiAuch TTPORARNATOG.
xT+1
r+1

a) jadxzax+C £) fxrdxz +C, VvreR-—{1}

[816TNTEG TOU QOPICTOU OAOKANPWHATOG.
a) jaf (x)dx =a Jf(x) dx

B) JIf(x) £ g()ldx = [ f(x)dx + [ g(x)dx

E@apuoyn otnv etmiAuon TpoBARPaTog

YT1ToAoyIOUOG TNG OTaBEPAg OAOKANPWONG ¢ Kal €Qapuoyr oTnv €TTiAucn TTPOBANPATWY
APXIKWY TIHWV.

[ll. ZOvoAa — ZuvduaoTiki — MBavoTnTeg

1816TNTEG TTPALEWY CUVOAWV.

Apxn Tou abpoiouartog Kal TG BepeAILOOUG apxNG TNG aTTapiOunong (TTOAAOTTAACIAOTIK
apxn). Eeapuoyn Toug oTn €tmiAucn TTpoARuaTog.

OpIou6G Tou TTaPAYOVTIKOU €VOG GUOIKOU apiBuou v (v!). AloTUTTwon Kal EQapuoyn otnv
etmiAuon TTpoBARuaTog.

YT1ToAoyIOUOG Kal epappoyr aTn TTAUGH TTPORANHATWY TWV:
o MeTaBéoewv TWV v SIOPOPETIKWYV aVTIKEIMEVWY, (M)

e ETavoANTITIKWV PETOBECEWY TWV v AVTIKEINEVWY, (MF)



KUKAIKWV JETABETEWY TWV v DIAPOPETIKWY AVTIKEINEVWY, (K,,)

AlatdEewv v SIQOPETIKWV QvTIKEIMEVWY avd k, (4Y)

EmravaAnTmikwyv d1aTtdgewy v SIAQOPETIKWY AVTIKEINEVWY avd Kk, (8y)

2UVOUAONWY v DIOQOPETIKWY AVTIKEINEVWYV avd K, (Z)
5. Opiouoi: Meipapa TUXNG, AclyuaTtikdg xwpog, Evoexduevo, ATTAG evdexduevo, BERaio kal
aduvaro evdexopevo. EQappoyn otnv etmiAucn TTPoBAAUATOG.

6. OpIou6g TOU ZUPTTANPWHATOG £VOG EVOEXOMEVOU O€ Eva BEIYUATIKO XWPO, TwV AvTiBETWY
evoexopévwy Kal AcupBiBacTwy evoexopevwy. AIGTUTTWON Kal €QAPPOYA aTnV €TTIAUCN

TTPOBAAUATOG.

7. KAaooikég opioudg Tng moavoTtnTag Katd Laplace. E@apuoyn otny €miAuon
TTPoBAAuATOG.

8. A&IwMaTIKOG opIouds  Kolmogorov  oTig  TeavoTnTeg. E@apuoyry otnv etmiAuon
TTpoBAAuaTOG.

9. IBIGTNTEG TWV THOAVOTATWV:
P(®) =0, 0<P)<1,
P(A—B) =P(ANB') = P(A) — P(ANB), P(4") = 1— P(A),
P(AUB) = P(A) + P(B) — P(ANB)

Eg@apuoyn otnv etmiAucn TpoBARuaTog.

10. Aeopegupévn 3 uttd ouvBnikn mOavotnTa. E@appoyny otnv emiduon TpoBAAuaTtog Kkai
P(ANB)

P(4)
11. Opioudg: AveEdptnTa evdexoueva. AlaTiTTwonN Kal EQAapPoyn oTnv €mAucon TTPORARUATOG.

g@appoyr Tou TUTTIOU P(B/A) =

Znueiwon: Borbnua yia Toug uttoyngioug Ba putropoucav va givail Kal Ta TTIo KATw:

1. Ma@nuarikda I’ Aukeiou Koivou KoppuouU, A’ Teoxog, YAIT 2019
2. Ma@nuaTtikd I’ Aukeiou Koivou Koppou, B’ Teoxog, YAl 2019



TYNMOAOINO MAGHMATIKQN A TIZ MATKYMNPIEZ EZEETAZEIZ

1. ZTATIOTIKNA
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2. TpiywvopeTpia
nu(A + B) = nuAovuvB + cuvAnuB

ouv(A + B) = ouvAcouvB + nuAnuB
2npa-ovvB = nu(a — B) + nu(a + B)
2ouvva-ouvvf3 = ocuvv(a — B) + cuvv(a + B)

2npaenpf = ovv(a — ) — ovv(a + f)

Nu2a = 2nua-ocuva ovv2a = ouvia — npla
2 1-ouvv2a 2 1+ovvia
nula= ouvia=
2 2
20 = = ouv2a = 128 t = e@a
e =170 T o142 ~ ¢

A+B A—-B
NUA +nuB = 2nu ouv

2 2
A—B A+B
MUA —MuB = 2np——ow—
A+B A—B
ouvA + ocuvvB = 2 ouv > ouvv >
B—A A+B

O0UVA — ouvB = 2 nu > ny >



AUON TPIYWVOUETPIKWYV ESICWOEWV:

2¢& Joipeg Z¢& aKTivia
x=360%+a R X=2mK+ a N
NHUX = Npa
X = 360°k + 180° — q, KeZ X=2TK+T—0a, KeZ
OUVX = ouva X = 360°kta, keZ X = 2TK=*aq, KeZ
EPX = QU x=180°k+ a, keZ X =K+ q, KeZ
3. lNewpeTpia
Opeé 1Tpi0pa En = HBU V= EBU
. . 1 Eg.v
Kavovikr Mupapida Er = 5 gh V= BT
KOAIVSpOC E, = 2mRu V = mR%v
2
Kwvog E. = mRA V= “2 v
] i ™ 5
KoAoupog Kwvog E.=m(R+p)A V= 3 (R“+Rp + p9)
3
Z@aipa E = 4mR? = 41T3R

4. AvaAuTiki MewpeTpia

ATT60TOON TWV ONUEIWY A(Xy, Y1) KO B(Xp,¥2):  d=+/(x3 — %)% + (¥, — y1)?

_ |AX1+BY1+F|

AmréoTaon Tou onueiou A(xy,y;) o110 TnVv eubeiac Ax + By +I'=0: d N

‘EMegn
—+==1 y=,a2-03% a>p

Eotieg (£ vy,0), AicubeTouoeg x = ig,

1<

Ekkevipdtnta & =

o



5. Napdaywyol

(u)’_u’-v—u-v’ dy dy du

u-v)=u-v+u-v —_— =
(u-v) v2 dx du dx

1
(Mux)" = ovvx (ovvx)' = —nux (epx)’ = Tep®x (Inx)' = "

6. OAOKANnpwWUaATO

X
ftsux dx = In|tepx + e@x| + ¢ f otepx dx = In |scp §| +c
dx X dx 1 X
.f——o@ — = Toinua+ c f—az T2 atoiscp a+ c

7. ATTA6g TOKog

_ KEX

100
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